Homework, PHY 206

1. An ultra high energy cosmic ray proton with a lab frame energy of 10?° eV strikes a cosmic
ray background photon having an equivalent temperature of 4.5 degrees kelvin. The proton
rest mass is 938 MeV /c?.

(a). What is the energy of the cosmic ray photon in eV?

(b). What is the gamma factor, 7, for the proton?

(c). In the rest frame of the proton, what is the energy of the approaching cosmic ray photon,
in eV?

2. A honda civic travelling at high speed in a car park collides head-on with a stationary
parked volvo. The volvo recoils at a speed of 1ms™t.

(a) What are the ST units for ¢*? Give in terms of kilograms, metres and seconds.
(b) If the mass of the volvo is 1100kg, what is ¢* for the collision, in ST units?

(c) What is ¢? for the collision in (eV//c)?? This will be a huge number.

3. Re-read the notes from the lecture on Compton scattering - lecture 3.
(a) From Equations 7 and 8 in the notes, eliminate the terms in 6 to obtain

pic® = Ef — Ef + 2E§prc oS ¢.

(b) Now combine this result with Equation 17 to obtain

Eiprc cos ¢ = Ef — E;E%c + E@moc2 — E$m002.

(¢) Now rearrange and eliminate p,.c using one of the conservation equations to show that
(E. + moc®)(E: — EY)

cos ¢ = :
E;\/(Eg — E%c + moc?)? — m3ct

(d) Show using the result from (c) that the component of the recoil velocity of the nucleus
parallel to the direction of incidence of the photon is always positive.

1 Solutions to PHY 206 relativity homework problems

Solution to problem 1.
(a) A gas of temperature 4.5 K has an average of kg T = 1.38 x 1072 [JK™1] x 4.5 [K] = 6.2 x 10723 J,
or 3.9 x 107*eV.



(b) v = E/(M,c*) = 10%° [eV]/938 x 10° [eV] = 1.07 x 10'!. Because of the error in the orig-
inal problem sheet where I quoted the proton mass as incorrectly as 938 GeV /c?, T will also
allow the answer that this assumed mass would have given for -, which is 1.07 x 108.

(c) The proton is in the highly relativistic regime, so that transforming to its rest frame we
set § =1, and use the v found in Section (b). We assume the photon is moving to the left
towards the incoming proton, though I did not explicitly state this in the question, so I will
allow other possibilities in your answers. If this is so, its momentum is p = —F /¢, with the
minus sign indicating the direction of motion. We use the Lorentz transformation formula
for energy,

Substituting in for £ and p and setting 5 = 1, I obtain E' = y(F — 3(—F)) = 2yE. There-
fore B/ = 2 x 1.07 x 10" x 3.9 x 107*[eV] = 83 MeV.

For solutions to problems 2 and 3, see hand—written sheets following this one.



Py 206 Revalini?
Homew o\rki). - go[,\) K@Wj‘

- ) E¢= kT

-232 -1 .
138500 T % H 5K
= 60 T

\

~ ¢

= 3:9%1\0 eV

- 0o
5 6= Ep - 1O eV '

a > = e 067%0
fpC 0233 %1D @\/
C"B Low &35 boos % ko m@"\"” é?mma.,., c:rf MY Veat -
o>

ereny  Ep enby  EX

) ) "'J{f ¢
Lok ng fer ¥ = \0 -~ ‘/\;\c!!n% relats tf>
£ = |- 07x10 (15\5>
E(‘ = 83'2 me\/

Z— - 621'/ 2M\/ M . volue [%afgxé’i’} a8

N eany Pessher torvelve
Ny = ,Z My &

| oo fig] < 17 m>s ]
2

. 55() hjfv\ e ,, _,> )
QR+ = 2>< \\OO kh. > 550 \203\:\9\ ' ?3*'0 L@‘//)

- 2) < (0° ng s Y

\

t < — Onitt  avtusgy :Gr‘&‘ a
Aumber ansuwess ‘fa,{._ I
"
Q15 & momedom 5 @ = JL1[x10¢ = 1160 Rgms”!

Energy 1S RC = V100%3x108 o m®s

= 330210 T = S %10 eV



W problem 3

e

@ Ebj; 'orccosff’ + E'—g@cm@ &< E'c{uokcm\ 7

_ R e oot
£ cot® = E pre-cos@

&

- A g 2
4 ~ A pames . (v OS
e fTeos® = B T 2B Pef cos@ + precos

@ [ EZ’? ’LS\_W% - P(ZCZ SC\/\?—? &< S,;lut:lf"@ 0‘@- Eétua,k}n %

z y a
— /7? = E{; Z_ 2B~ P,C»C@E(P + P;L c
. M resudf- of
- k}ﬂ m‘q
Prc’ = Ef - B+ LEw Pre cos pet- 3a
’ o>
é/) Erq— — @; 'i’MoC - 5‘6%

[ ! . e
<1 R R AR =
2 V“}%’/ﬁ = EYF) +W%+E + LEymoC ~TEsby — Lot Ex
¢ _%a A
—}4/ + Ex - 25y precesf
S S I SV S S
o = %E"zs’ £ hEy Mo = LEG B~y - g pre eif
e 9 -",? '{ .
= = Ex — EYE P Mpl” — By Mol
Ex Pre cos(P = Ex Ex E3 s Mo s V3
ik of
— 2
. 2 b clls

QOM!&(;\Q ‘?’ CO%@ =

éu COS(P i< du)aﬂ«; Poé:\kwg , so ﬁp C ‘ﬂ"u‘*’jg [)QW *900
ol +90° . Thwefre the recoil chiréction of the scalttred electnn
never heat a COM()DV!M' Po&d’w@, back  towardy Ny et ﬁaMMCL'




	phy206-relativity-homework-2011-12.pdf
	Solutions to PHY206 relativity homework problems


